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Resumen
(OXVRGHUHGHVQHXURQDOHVDUWL¿FLDOHVHVH[SORUDGR
para predecir aceleraciones máximas del terreno y 
pseudoaceleraciones para sismos de tipo intraslab 
e interplaca. Un total de 277 y 418 registros 
sísmicos de dos componentes para sismos de 
intraslab e interplaca, respectivamente, son 
usados para entrenar los modelos de las redes 
QHXURQDOHV DUWL¿FLDOHV FRQ DOLPHQWDFLyQ KDFLD
adelante y con un algoritmo de aprendizaje de 
retroalimentación. Se consideran redes neuronales 
DUWL¿FLDOHVFRQXQD\GRVFDSDVRFXOWDV&RQ¿QHV
de comparación, valores de aceleración máxima 
del terreno y pseudoaceleración predichos con los 
modelos de las redes neuronales son comparados 
con los estimados mediante relaciones de 
atenuación o relaciones de movimiento fuerte. 
La comparación indica que los valores predichos, 
en general, siguen la tendencia de los valores 
obtenidos con las relaciones de movimiento 
fuerte. Sin embargo, se debe llevar a cabo una 
YHUL¿FDFLyQH[WHQVDGH ORVPRGHORVHQWUHQDGRV
antes que estos puedan emplearse en análisis de 
peligro y riesgo sísmico ya que, en ocasiones,  los 
YDORUHVSUHGLFKRVQRUHÀHMDQHOFRPSRUWDPLHQWR
observado de los registros.
Palabras clave: UHG QHXURQDO DUWL¿FLDO VLVPRV
de subducción, aceleración máxima del terreno, 
pseudoaceleración, México.
Abstract
7KH XVH RI $UWL¿FLDO 1HXUDO 1HWZRUNV $11 LV
H[SORUHG WR SUHGLFW SHDN JURXQG DFFHOHUDWLRQV
3*$DQGSVHXGRVSHFWUDODFFHOHUDWLRQ6$ IRU
0H[LFDQ LQVODE DQG LQWHUSODWH HDUWKTXDNHV $
WRWDO RI  DQG  VHLVPLF UHFRUGVZLWK WZR
horizontal components for inslab and interplate 
HDUWKTXDNHVUHVSHFWLYHO\DUHXVHGWRWUDLQWKH
$11PRGHOVE\XVLQJDQ$11ZLWKDIHHGIRUZDUG
DUFKLWHFWXUH ZLWK D EDFNSURSDJDWLRQ OHDUQLQJ
DOJRULWKP%RWK$11ZLWKVLQJOHDQGWZRKLGGHQ
layers are considered.  For comparison purposes, 
the PGA and SA values predicted by the trained 
$11PRGHOVDUHFRPSDUHGZLWKWKRVHHVWLPDWHG
ZLWK DWWHQXDWLRQ UHODWLRQV RU JURXQGPRWLRQ
SUHGLFWLRQ HTXDWLRQV *03(V 7KH FRPSDULVRQ
indicates that the predicted PGA and SA values 
E\ WKH WUDLQHG $11PRGHOV LQ JHQHUDO IROORZ
WKHWUHQGVSUHGLFWHGE\WKH*03(V+RZHYHUDQ
H[WHQVLYHYHUL¿FDWLRQRIWKHWUDLQHGPRGHOVPXVW
be conducted before they can be used for seismic 
KD]DUGDQGULVNDQDO\VLVVLQFHRQRFFDVLRQWKH
PGA and SA values predicted by the trained ANN 
models depart from the behaviour observed from 
the actual records.
.H\ZRUGVDUWL¿FLDOQHXUDOQHWZRUNVXEGXFWLRQ
HDUWKTXDNHV SHDN JURXQG DFFHOHUDWLRQ
pseudospectral acceleration, Mexico.
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Introduction
$UWL¿FLDOQHXUDOQHWZRUNV$11VKDYHEHHQXVHG
LQVHLVPLFHQJLQHHULQJGXHWRWKHLUÀH[LELOLW\WR
GHDO ZLWK KLJKO\ QRQOLQHDU SUREOHPV )DXVHWW
$11VKDYHEHHQXVHGWRSUHGLFWJURXQG
PRWLRQ PHDVXUHV VXFK DV WKH SHDN JURXQG
GLVSODFHPHQW3*'SHDNJURXQGYHORFLW\3*9
RUSHDNJURXQGDFFHOHUDWLRQ3*$DQGVSHFWUDO
DFFHOHUDWLRQ6$*QD\GLQDQG*QD\GLQ
Kamatchi et al$11VKDYHDOVREHHQXVHG
IRUJHQHUDWLQJDUWL¿FLDOHDUWKTXDNHVDQGUHVSRQVH
spectra, and spectrum compatible accelerograms 
*KDERXVVLDQG/L/HHDQG+DQ
More recently, Hong et alVKRZHGWKDWWKH
SUHGLFWLRQRIWKH3*$DQG6$E\XVLQJ$11VZLWK
a single hidden layer may not be robust, although 
it could be considered as an alternative to the 
commonly used attenuation relations or ground 
PRWLRQSUHGLFWLRQHTXDWLRQV*03(V(VWLPDWLRQ
RI 3*$V IRU 0H[LFDQ VXEGXFWLRQ HDUWKTXDNHV
using the ANNs has been explored by García et 
al+RZHYHUWKHDSSOLFDWLRQRI$11VWR
SUHGLFW6$IRU0H[LFDQHDUWKTXDNHVKDVQRWEHHQ
reported in the literature.
The main objective of this study is to investigate 
the applicability of ANNs to estimate PGA and SA 
for ground motion records caused by Mexican 
VXEGXFWLRQ HDUWKTXDNHV 7ZR VHWV RI UHFRUGV
RI0H[LFDQVXEGXFWLRQHDUWKTXDNHVREWDLQHGDW
¿UPVRLOVLWHVLHVLWHFODVV%DFFRUGLQJWRWKH
1(+53%66&DUHXVHG LQ WUDLQLQJDQG
TXDOLI\LQJ$11V7UDLQLQJRIWKH$11PRGHOVZDV
FDUULHGRXWXVLQJDIHHGIRUZDUGDUFKLWHFWXUHZLWK
DEDFNSURSDJDWLRQOHDUQLQJDOJRULWKP2QO\VLQJOH
DQGWZRKLGGHQOD\HUVDUHFRQVLGHUHGWRPLQLPL]H
SRWHQWLDORYHU¿WWLQJ7KHSDUDPHWHUVFRQVLGHUHG
LQWKHLQSXWOD\HUDUHPRPHQWPDJQLWXGHM
w

FORVHVWGLVWDQFHWRWKHIDXOWR
c
DQGIRFDOGHSWK
HZKLOH WKH ORJDULWKP RI WKH JURXQGPRWLRQ
measures is used to represent the outcome from 
the output layer. The predicted PGA and SA values 
DUHFRPSDUHGZLWKWKRVHHVWLPDWHGIURP*03(VWR
assess the adequacy of the trained ANN models. 
ANN Modeling
Description of the ANN modeling
The ANN modeling involves the selection of the 
QXPEHURIQHXURQVLQWKHLQSXWDVZHOODVWKHKLG-
den and output layers. In this study, the number 
of neurons in the input layer is considered to be 
3, representing M
w
, R
c
 and HDVGH¿QHGHDUOLHU
6LQJOHDQGWZRKLGGHQOD\HUVGHQRWHGE\+/DQG
+/UHVSHFWLYHO\ZLWKPXOWLSOHKLGGHQQHXURQV
DUHXVHGWRDSSUR[LPDWHWKHPDSSLQJEHWZHHQWKH
input and output layers. The output layer consists 
of a single neuron that represents the logarithm 
RIWKHJURXQGPRWLRQPHDVXUHV3*$RU6$IRU
DFRQVLGHUHGHDUWKTXDNHW\SHDQGQDWXUDOYLEUD-
tion period.
$QLOOXVWUDWLRQRIDQ$11PRGHOZLWKPXOWLSOH
hidden layers and neurons is depicted in Figure 1, 
ZKHUHQHXURQVDUHZHLJKWHGDQGWUDQVIRUPHGLQWR
RXWSXWYDOXHV%\FRQVLGHULQJWZRKLGGHQOD\HUV
the mathematical expression of the output neuron 
in the output layer, youtput, is given by,
Figure 1.6NHWFKRIDQ$11PRGHOZLWKPXOWLSOHKLGGHQOD\HUVDQGQHXURQV
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ZKHUHn is the total number of neurons in the input 
layer; xi is the i-th neuron in the input layer; [w1]
i, j
, [w
2
]
j, k
 and [w
3
]
k, 1
DUHWKHZHLJKWVWKDWRSWLPL]H
WKHPDSSLQJ EHWZHHQ WKH LQSXW DQG WKH ¿UVW
KLGGHQOD\HUEHWZHHQWKH¿UVWDQGVHFRQGKLGGHQ
OD\HUDQGEHWZHHQWKHVHFRQGKLGGHQOD\HUDQG
RXWSXW OD\HU UHVSHFWLYHO\ M
1

j
 M
2

k
 DQG M
3

1
 
DUH WKH ELDVHV DVVRFLDWHGZLWK WKH KLGGHQ DQG
output layers; f
1
f
2
DQGf
3
DUHDFWLYDWLRQ
RUWUDQVIHUIXQFWLRQVEHWZHHQWKHLQSXWDQGWKH
¿UVWKLGGHQOD\HUWKH¿UVWDQGWKHVHFRQGKLGGHQ
OD\HUDQGEHWZHHQWKHVHFRQGKLGGHQOD\HUDQG
the output layer, respectively; and m is the total 
number of neurons in the hidden layers.
7ZRW\SHVRIDFWLYDWLRQIXQFWLRQVQDPHO\WKH
tan-sigmoid function and the linear function are 
commonly used. These functions are expressed 
as,
 f x e e e ex x x x( ) /= −( ) +( )− −  D
and
 f x x( )   E
The former is often used as the transfer 
IXQFWLRQ EHWZHHQ WKH LQSXW DQG KLGGHQ OD\HUV
ZKLOHWKHODWWHULVXVHGDVWKHWUDQVIHUIXQFWLRQ
EHWZHHQWKHKLGGHQOD\HUVDQGWKHRXWSXWOD\HU
)ROORZLQJ *DUFtD et al  LQ WKH SUHVHQW
VWXG\(TD LVXVHGDVWKHWUDQVIHUIXQFWLRQ
EHWZHHQWKH LQSXWDQGKLGGHQ OD\HUVDQG(T
ELVXVHGDVWKHWUDQVIHUIXQFWLRQEHWZHHQWKH
KLGGHQOD\HUVDQGWKHRXWSXWOD\HU
Training ANN
The training of an ANN consists in the minimization 
RIDSUHGH¿QHGHUURUIXQFWLRQLQWHUPVRIREVHUYHG
and predicted output values, by varying the 
ZHLJKWVDQGELDVHV2QHRIWKHDOJRULWKPVXVHG
WRWUDLQWKH$11LVWKHEDFNSURSDJDWLRQ)DXVVHW
ZKHUHWKHHUURULVSURSDJDWHGEDFNZDUGE\
DGMXVWLQJWKHZHLJKWVIURPWKHRXWSXWWRWKHLQSXW
OD\HU7KHWUDLQLQJFDQEHVXPPDUL]HGDVIROORZV
3URYLGHWKH$11PRGHOZLWKVDPSOHLQSXWV
DQGNQRZQRXWSXWV
2. Evaluate an error function in terms of 
WKHGLIIHUHQFHEHWZHHQ WKHSUHGLFWHGDQG
observed output;
3. Minimize the error function by adjusting the 
ZHLJKWVDQGELDVHVRIDOOWKHOD\HUVIURPWKH
output to the input layer.
For the numerical analysis to be presented 
LQWKLVVWXG\WKHHUURU IXQFWLRQZDVGH¿QHGDV
WKHPHDQVTXDUHHUURU06(7KHPLQLPL]DWLRQ
RIWKH06(6WHSZDVFDUULHGRXWXVLQJWKH
/HYHQEHUJ0DUTXDUGW DOJRULWKP 0DUTXDUGW
1963; Press et alWKDWLVLQFRUSRUDWHGLQWR
WKHEDFNSURSDJDWLRQDOJRULWKPDQGLPSOHPHQWHG
LQ0DWODE+DJDQDQG0HQKDM
Strong ground motion database and GMPEs
The strong ground motion database employed to 
develop the ANNs model consists of 695 strong 
JURXQG PRWLRQ UHFRUGV HDFK RQH ZLWK WZR
KRUL]RQWDO FRPSRQHQWV DW ¿UP VRLO VLWHV FODVV
% DFFRUGLQJ WR1(+13 ±%66&  FRPSOLHG
by García et al   7KHUH DUH 
inslab records and 418 interplate records for the 
HYHQWVVKRZQLQ)LJXUHDQG OLVWHG LQ7DEOH
There are 16 intermediate-depth normal-faulting 
LQVODEHYHQWVZLWKM
w
ZLWKLQWRDQG
LQWHUSODWH HYHQWVZLWKM
w
 ranging from 5.0 to 
8.0. The distribution of M
w
DQG+ZLWKUHVSHFWWR
Rc is presented in Figure 3. A baseline correction DQGDKLJKSDVV¿OWHUZLWKFXWRIIIUHTXHQFLHVRI
+]IRUHYHQWVZLWKM
w
 >6.5 and 0.1 Hz for 
WKHUHVWHYHQWVZHUHDSSOLHGWRDOOWKHUHFRUGV
The selection criteria of the records can be found 
in García et al7KHVDPHVWURQJ
JURXQGPRWLRQGDWDEDVHZDVDOVRHPSOR\HGE\
Hong et alWRGHYHORS*03(VEDVHGRQWKH
JHRPHWULFPHDQLHIRUDUDQGRPRULHQWDWLRQ
$V WKHVH*03(VZLOO EH XVHG WR FRPSDUHZLWK
those predicted by the ANN model, the adopted 
functional forms and the obtained regression 
FRHI¿FLHQWVLQ+RQJet alDUHVXPPDUL]HG
EHORZ
The functional form of the GMPEs for inslab 
HDUWKTXDNHV LV WKH RQH JLYHQ E\*DUFía et al. 
ZKLFKFDQEHZULWWHQDV
log log10 1 2 3 4 10 5Y c c M c R c R c Hw= + + − + + ε ,   
ZKHUHY FPV2 represents the PGA or SA values, 
c
i
, i = 1, …, 5, are the model parameters, M
w
 is 
the moment magnitude, R Rcld= +
2
0
2Δ , RcldNP
is the closest distance to the fault surface for 
HYHQWVZLWKM
w
 > 6.5, or the hypocentral distance 
A. Pozos-Estrada, R. Gómez and H.P. Hong
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for the rest, '= 0.0075 x 100.507Mw is a near-source 
VDWXUDWLRQ WHUPGH¿QHGE\$WNLQVRQDQG%RRUH
HNPLVWKHIRFDOGHSWKDQGH is a zero 
PHDQHUURU WHUPZLWK VWDQGDUG GHYLDWLRQV, in 
ZKLFKV = (V
r
2 + V
e
2)0.5, and Ʊ
r
 and Ʊ
e
 denote the 
standard deviation due to intra- and inter-event 
variability, respectively. If the geometric mean 
for Y is considered, V = (Ʊ
r
2+ Ʊ
e
2+ Ʊ
c
2)0.5 and the 
standard deviation V
c
 accounts for the random 
orientation variability.
Figure 2. Location of events for the considered records.
Table 1. Inslab and interplate events used in training the ANN models.
Inslab earthquake  Interplate earthquake
(YHQW 1RRI 'DWH 0Z (YHQW 1RRI 'DWH 0Z (YHQW 1RRI 'DWH 0Z
1R 5HF GGPP\\  1R 5HF GGPP\\  1R 5HF GGPP\\
           
           
           
           
           
           
           
           
           
           
           
           
           
           
           
           
           
          
          
          
          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Table 2.&RHI¿FLHQWVIRUWKHJHRPHWULFPHDQDQG
the horizontal components H1 and H2 for the the 
UHFRUGVRILQVODEHDUWKTXDNHVc
4
HTXDOV
)RUWKHUHFRUGVRILQWHUSODWHHDUWKTXDNHVWKH
functional form of the GMPE is the one employed 
by GarcíDZKLFKLVH[SUHVVHGDV
log log10 1 2 3 4 10 5 710 6Y c c M c R c R c c Hw
c Mw
= + + − +( ) + + ε , 
  
ZKHUHc
i
, i = 1, …, 7, are the model parameters, R
NPLVWKHFORVHVWGLVWDQFHWRWKHIDXOWVXUIDFHIRU
HYHQWVZLWKM
w > 6.0, or the hypocentral distance 
for the rest, and Y, M
w
, H and HZHUH GH¿QHG
previously. Note that in the above equation c
4
 is 
FRQVLGHUHGWREHJLYHQE\WKHIROORZLQJHTXDWLRQ
*DUFíD
 c Mw4 1 82 0 16= −. .  
Using the adopted GMPEs, the records for the 
events detailed in Table 1, and the regression 
analysis algorithm given by Joyner and Boore 
+RQJet alREWDLQHGWKHPRGHO
coefficients for a range of natural vibration 
periods based on the geometric mean. For an 
HDV\UHIHUHQFHWKHPRGHOFRHI¿FLHQWVIRUDIHZ
selected values of the natural vibration period, 
T
n
, are presented in Tables 2 and 3. Moreover, for 
comparison purposes, the regression analysis in 
this study is carried out by considering either the 
¿UVW KRUL]RQWDO FRPSRQHQW + RU WKH VHFRQG
KRUL]RQWDOFRPSRQHQW+7KHREWDLQHGPRGHO
Table 3.&RHI¿FLHQWVIRUWKHJHRPHWULFPHDQDQGWKHKRUL]RQWDOFRPSRQHQWV+DQG+IRUWKHUHFRUGV
RILQWHUSODWHHDUWKTXDNHVc
4
LVGH¿QHGLQ(TXDWLRQ
T
n
 (s) c1 c2 c3 c5 Ʊ
Geometric mean
0.20 -0.020 0.595 -0.0036 0.0068 0.31
0.50 -0.907 0.687 -0.0024 0.0034 0.29
1.00 -1.931 0.781 -0.0016 0.0029 0.31
1.50 -2.468 0.831 -0.0014 0.0017 0.31
PGA -0.109 0.569 -0.0039 0.0070 0.31
+RUL]RQWDOFRPSRQHQW+
0.20 -0.015 0.595 -0.0036 0.0065 0.31
0.50 -0.895 0.688 -0.0023 0.0028 0.29
1.00 -1.987 0.793 -0.0017 0.0029 0.29
1.50 -2.531 0.84 -0.0014 0.0019 0.28
PGA -0.091 0.569 -0.0038 0.0065 0.31
+RUL]RQWDOFRPSRQHQW+
0.20 -0.034 0.596 -0.0037 0.0071 0.29
0.50 -0.913 0.683 -0.0024 0.004 0.27
1.00 -1.886 0.768 -0.0015 0.003 0.30
1.50 -2.441 0.825 -0.0014 0.0018 0.30
PGA -0.13 0.568 -0.0039 0.0076 0.29
T
n
 (s) c1 c2 c3 c5 c6 c7 Ʊ
Geometric mean
0.20 2.609 0.144 -0.0034 0.009 0.475 -0.00410 0.39
0.50 1.542 0.238 -0.0015 0.003 0.515 -0.00300 0.40
1.00 0.734 0.301 -0.0005 0.002 0.509 -0.00500 0.41
1.50 0.214 0.336 -0.0002 0.002 0.495 -0.00490 0.40
PGA 2.545 0.108 -0.0037 0.0075 0.474 -0.00240 0.37
+RUL]RQWDOFRPSRQHQW+
0.20 2.658 0.129 -0.0036 0.009 0.475 -0.00105 0.40
0.50 1.653 0.211 -0.0017 0.003 0.515 -0.00001 0.40
1.00 0.862 0.265 -0.0004 0.002 0.509 -0.00283 0.40
1.50 0.343 0.298 -0.0002 0.002 0.495 -0.00195 0.40
PGA 2.608 0.088 -0.0038 0.0075 0.474 0.00073 0.40
+RUL]RQWDOFRPSRQHQW+
0.20 2.639 0.146 -0.0036 0.009 0.475 -0.00405 0.36
0.50 1.571 0.247 -0.0018 0.003 0.515 -0.00364 0.38
1.00 0.716 0.321 -0.0010 0.002 0.509 -0.00458 0.32
1.50 0.182 0.357 -0.0007 0.002 0.495 -0.00427 0.33
PGA 2.500 0.123 -0.0038 0.0075 0.474 -0.00330 0.34
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FRHI¿FLHQWVDUHDOVRVKRZQLQ7DEOHVDQG$V
the H1 and H2 components represent the seismic 
H[FLWDWLRQIRUDUDQGRPRULHQWDWLRQZLWKUHVSHFW
WRWKHVRXUFHWKHGHYHORSHGPRGHOFRHI¿FLHQWV
VKRZQLQ7DEOHVDQGZLOOEHXVHGWRSUHGLFW
PGA or SA for a random orientation.
&RPSDULVRQRIWKHUHVXOWVVKRZQLQWKHWDEOHV
LQGLFDWHV WKDW WKH HVWLPDWHGPRGHO FRHI¿FLHQWV
based on either only H1 or H2 components differ 
only slightly from those based on both components 
LH JHRPHWULFPHDQ DV H[SHFWHG $OVR WKH
DYHUDJHRIWKHPRGHOFRHI¿FLHQWVREWDLQHGIURP
H1 alone and from H2 alone is almost identical 
to those obtained based on the geometric mean. 
7KLV IDFWVLPSO\FRQ¿UPVWKHUREXVWQHVVRIWKH
DOJRULWKP JLYHQ E\ -R\QHU DQG %RRUH 
for developing the GMPEs. It also indicates that 
the number of records used for the purpose of 
regression analysis is adequate.
Prediction of strong ground motion measures 
using ANN
Effect of the number of hidden layers and 
neurons on the training ANN and on predicted 
values
The selection of the number of hidden layers and 
neurons is of importance in developing or training 
an ANN. This selection depends on the nature of 
the problem to be investigated, and a trial and 
HUURUSURFHVVLVRIWHQIROORZHGWRGHWHUPLQHWKH
DGRSWHGVWUXFWXUHRIWKH$11PRGHO6KDKLQet 
al,QVHOHFWLQJWKH$11PRGHOSRWHQWLDO
RYHU¿WWLQJGXHWRWKHXVHRIDQH[FHVVLYHQXP-
EHURIKLGGHQOD\HUVDQGRUQHXURQVQHHGVWREH
DYRLGHGDVWKLVZLOOOHDGWRDODFNRIOHDUQLQJDQG
the inability to predict the outcomes for scenarios 
QRWXVHGLQWUDLQLQJ7RDYRLGWKHSRVVLEOHRYHU¿W-
WLQJVHYHUDOSUHOLPLQDU\$11PRGHOVZHUHWHVWHG
by considering combinations of the single and 
WZRKLGGHQOD\HUVDQGXSWRKLGGHQQHXURQV
in each hidden layer. Furthermore, a total of 80% 
UDQGRPO\VHOHFWHGUHFRUGVZHUHXVHGWRWUDLQWKH
PRGHOZKLOHWKHUHPDLQLQJRIUHFRUGVZHUH
used for validating the trained model.
To investigate the effect of the record selection 
RQWKHWUDLQHG$11PRGHODWRWDORIWULDOVZHUH
FDUULHGRXW)RUHDFKWULDODQHZVHWRI3*$DQG
SA values from 80% randomly selected records 
ZHUHXVHG)RUWKHDQDO\VLVRQO\RQHFRPSRQHQW
+ RU + IURP HDFK UHFRUG LV FRQVLGHUHG
both 1HL and 2HL models are employed for the 
training. As the results obtained for the H1 and 
H2 components from the records exhibit similar 
trend and the results for inslab and for interplate 
UHFRUGVDUHVLPLODUDVZHOOZHRQO\LOOXVWUDWHWKH
estimated MSE in Figure 4 for the H1 component 
from the inslab records.Figure 3. Distribution of Mw and HZLWKUHVSHFWWRRc: DDQGEIRULQVODEHYHQWVFDQGGIRULQWHUSODWH
events.
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Figure 4.9DULDWLRQRI06(ZLWKWKHQXPEHURIWULDOVDQGWKHQXPEHURIQHXURQVSHUKLGGHQOD\HUIRU3*$DQG6$7Q
 VIRULQVODEHDUWKTXDNHVDWRGWUDLQLQJSURFHVVHWRKYDOLGDWLRQSURFHVV
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)LJXUHZKLFKSUHVHQWVWKHUHVXOWVIRU3*$
and SA at T
n
 VVKRZVVFDWWHULQWKH06(
$V H[SHFWHG WKH VFDWWHU EXW QRW QHFHVVDULO\
WKHVWDQGDUGGHYLDWLRQRIWKH06(LQFUHDVHVDV
the number of trials increases. The average MSE 
HVWLPDWHGEDVHGRQWULDOVZKLFKLVFRQVLGHUHG
WREHVXI¿FLHQWODUJHLVLOOXVWUDWHGLQ)LJXUHIRU
the training stage. The results presented in this 
¿JXUH LQGLFDWH WKDW WKH ORZHVW DYHUDJH06( LV
obtained for n
n
 around 10, and that the average 
MSE is relatively consistent for the number of 
hidden neurons, n
n
, up to 25. As the average MSE 
for n
n
 = 50 is much larger than that for n
n
 < 50, 
the use of n
n
 > 25 is not recommended.
By using the remaining 20% records to test the 
trained ANN models, the average of MSE for 300 
WULDOVZDVDOVRFDOFXODWHGDQGSUHVHQWHGLQ)LJXUH
6. Comparison of Figures 5 and 6 indicates that 
average values of MSE for the trained ANN models 
VKRZQLQ)LJXUHDUHVOLJKWO\JUHDWHUWKDQWKRVH
presented in Figure 5. This can be explained by 
noting that the trained ANN models are tested 
ZLWK LQSXW SDUDPHWHUV WKDW DUH GLIIHUHQW WKDQ
those used during the training process. Figure 6 
DOVRVKRZVWKDWWKHXVHRIWKHPRGHOZLWKn
n
 = 
50 leads to the greatest average MSE among the 
considered n
n
 values.
'XULQJWKHDQDO\VLVLWZDVREVHUYHGWKDWWKH
optimum number of neurons and hidden layers – 
WKRVHOHDGLQJWRWKHORZHVW06(IRUWKHWUDLQHG
model – depend on the selected records. In all 
FDVHVWKHRSWLPXPQXPEHURIQHXURQVLVZLWKLQ
3 to 20; in about 50% of time the 1HL model out-
performs the 2HL model, and vice versa. To further 
inspect the differences of using the 1HL and 2HL 
ANN models, the mean of the ratio of the MSE of 
the trained 1HL model to that of the trained 2HL 
PRGHOVKRZQLQ)LJXUHZDVFDOFXODWHG7KHYD
lues are presented in Table 4. The table indicates 
again that there is no clear preference among the 
1HL and 2HL models, although the 1HL model for 
LQVODEHDUWKTXDNHVPD\EHFRQVLGHUHGWRSHUIRUP
better than the 2HL model. Based on these ob-
servations, the use of 10 neurons and the ANN 
PRGHOZLWK+/DQGZLWK+/ZLOOEHFRQVLGHUHG
in the next section.
Comparison of predictions using trained ANN
7KH WUDLQLQJ RI WKH $11PRGHOVZLWK +/ DQG
ZLWK +/ ZDV FDUULHG RXW E\ FRQVLGHULQJ 
neurons in each layer. For the analysis, the use 
of all H1 components and all H2 components are 
considered. As the results based on H1 or H2 
components are almost the same, only the results 
IRU+DUHSUHVHQWHG$OVRDQDO\VLVZDVFDUULHG
out by using only the geometric mean since this 
quantity is commonly used to develop GMPEs. For 
WKLVFDVHWKHREWDLQHGZHLJKWVDQGELDVHVIRUWKH
trained models are presented in the Appendix.
A comparison of the predicted PGA and SA 
by using the trained models to those obtained 
IURP WKH DFWXDO UHFRUGV LV VKRZQ LQ )LJXUHV 
and 8 for the H1 components and the geometric 
mean, respectively. It can be observed from the 
¿JXUHVWKDWWKHUHLVDJRRGDJUHHPHQWEHWZHHQ
the predicted and observed values, and that the 
FRUUHODWLRQ FRHI¿FLHQWU, is greater than 0.77 
in all cases. The trained ANN models for inslab 
Table 4.&RPSDULVRQRIWKHPHDQRIWKHUDWLRRIWKH06(RI$11PRGHOVZLWK+/WRWKDWZLWK+/E\
considering the H1 components.
Earthquake Number of PGA SA SA SA SA
Type neurons  (Tn=0.2s) (Tn=0.5s) (Tn=1.0s) (Tn=1.5s)
Inslab 3 0.88 0.86 0.88 0.88 0.91
5 1.12 1.19 1.19 1.19 1.15
10 1.00 1.00 1.06 1.10 1.09
15 0.98 1.06 1.11 1.05 1.08
20 0.86 0.93 0.95 0.91 0.93
25 0.86 0.83 0.77 0.84 0.87
50 0.54 0.50 0.48 0.50 0.45
Interplate 3 0.91 0.93 0.98 0.95 0.93
5 1.15 1.11 1.07 1.11 1.11
10 1.02 1.03 1.09 1.08 1.05
15 1.05 1.08 0.98 1.03 1.11
20 0.98 1.00 1.04 1.02 1.10
25 1.01 0.99 0.97 0.88 0.94
50 0.47 0.48 0.54 0.47 0.49
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HDUWKTXDNHVSURYLGHEHWWHUHVWLPDWHVWKDQWKRVH
IRU LQWHUSODWH HDUWKTXDNHV LI + LV FRQVLGHUHG
if the geometric mean is considered, both ANN 
models provide similar estimates. The scatter 
VKRZQLQWKH¿JXUHVDSSHDUVWREHLQGHSHQGHQWRI
the logarithm of PGA or logarithm of SA. A more 
detailed statistical investigation considering that 
the residual – K GH¿QHGDVWKHGLIIHUHQFHEHWZHHQ
WKHORJDULWKPLFRIWKHDFWXDO3*$RU6$DQGWKH
ORJDULWKPLFRIWKHSUHGLFWHG3*$RU6$±DVD
IXQFWLRQRIWKHSUHGLFWHG3*$RU6$LVEH\RQG
the scope of this study.
To provide a probabilistic characterization of the 
residual, KLVVKRZQLQ)LJXUHIRUDIHZVHOHFWHG
cases presented in Figures 7 and 8. Inspection 
of the plots and use of a Kolmogorov-Smirnov 
WHVW%HQMDPLQDQG&RUQHOOLQGLFDWHWKDWK can be modeled as a normal variable. The 
mean and the standard deviation of K for the 
cases presented in Figure 9 are summarized in 
7DEOHZKHUHWKHVWDWLVWLFVRIKVKRZQIRUWKH
JHRPHWULFPHDQFDVHZHUHFDOFXODWHGE\WDNLQJ
LQWRDFFRXQWWKDWWKHWUDLQHGPRGHOZLOOEHXVHG
to predict ground motion measures for a random 
RULHQWDWLRQUDWKHUWKDQWKHJHRPHWULFPHDQVHH
6HFWLRQ
Figure 5. Average mean square 
error for the trained ANN models 
by using the samples employed 
for training.
Figure 6. Average mean square 
error for the trained ANN models 
by using the samples that are not 
employed for training.
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Comparison of the predicted PGA and SA using 
trained ANN and GMPEs
To appreciate the adequacy of the trained ANN 
PRGHOVIRUVHLVPLFKD]DUGDQGULVNDVVHVVPHQW
a comparison of the trained models and the 
GMPEs is needed. The comparison is focused on 
the “average” behaviour and on the uncertainty 
in the model developed.
The uncertainty in the GMPEs is characterized 
by the statistics of H7DEOHVDQGZKLOHWKDWIRU
the trained ANN is characterized by the statistics 
RIWKHUHVLGXDOǆ7DEOH$FRPSDULVRQRIWKHVH
tables indicates that although the trained ANN 
PRGHOVDUHRQO\VOLJKWO\ELDVHGLHWKHPHDQRIKGLIIHUVIURP]HURWKHGHJUHHRIXQFHUWDLQW\LQ
the trained ANN models, in terms of the standard 
deviation, is similar to that in the GMPEs. In parti-
cular, the statistics of K and H are very consistent 
IRUWKHFDVHZKHQWKHJHRPHWULFPHDQZDVXVHGWR
develop the GMPEs and to train the ANN models. 
6LQFHǆDQGHVKRZQLQ(TVDQGUHSUHVHQW
Figure 7. Comparison of predicted and observed PGA 
and SA H1 component values for inslab and interplate 
HDUWKTXDNHV Ǐ LQ WKH SORWV GHQRWHV FRUUHODWLRQ
FRHI¿FLHQW
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Figure 8. Comparison of predicted and observed 
geometric mean of PGA and SA for inslab and interplate 
HDUWKTXDNHV Ǐ LQ WKH SORWV GHQRWHV FRUUHODWLRQ
FRHI¿FLHQW
WKHGLIIHUHQFHEHWZHHQWKHORJDULWKPLFRIWKHDF-
WXDO3*$RU6$DQGWKHORJDULWKPRIWKH3*$RU
6$SUHGLFWHGE\WKH$11PRGHODQGWKH*03(
respectively, the physical meaning of K and H is 
VLPLODUǆQHHGVWREHFRQVLGHUHGDVDQLQWHJUDO
part of the developed ANN model if it is used for 
VHLVPLFKD]DUGDQGULVNDQDO\VLV
A comparison of the “average” behaviour of 
the trained ANN model and the GMPEs obtained, 
based on the geometric mean, is presented in 
Figures 10 and 11 for selected scenario events. It 
FDQEHREVHUYHGIURPWKHVH¿JXUHVWKDWLQJHQHUDO
WKH SUHGLFWHG YDOXHV E\ WKH $11PRGHO IROORZ
WKRVH SUHGLFWHG E\ WKH*03(V+RZHYHU VRPH
differences are observed. The most pronounced 
are associated for R
c
 JUHDWHU WKDQ  NP
Moreover, in some cases, the predicted values 
by the trained ANN models may not necessarily 
UHÀHFW UHDOLW\ )RU H[DPSOH WKH UHVXOWV VKRZQ
LQ)LJXUHFLQGLFDWHWKDW6$FDQLQFUHDVHZLWK
distance beyond R
c
 NPIRUM
w
 = 5.9 and H
  NPZKLFKLVXQUHDOLVWLF6LQFHWKLVGUDZEDFN
A. Pozos-Estrada, R. Gómez and H.P. Hong
50      VOLUME 53 NUMBER 1
Figure 9.1RUPDOSUREDELOLW\SORWVRIWKHUHVLGXDOǆ
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Figure 9. Continued.
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can be serious in engineering applications, tests 
of the trained ANN models must be conducted 
before they can be used to predict the ground 
PRWLRQPHDVXUHV IRU VHLVPLF KD]DUG DQG ULVN
assessments.
Table 5. Statistics of KIRUFDVHVVKRZQLQ)LJXUH
Figure 10. Comparison of PGA and SA predicted by the 
trained ANN models and by a GMPE for inslab earth-
TXDNHV+RQJet al
(DUWKTXDNH + *HRPHWULF0HDQ
Type  
 mean Std. Dev. mean Std. Dev.
Inslab PGA 1.5E-01 0.68 9.2E-03 0.35
6$7Q V (  ( 
6$7Q V (  ( 
Interplate PGA -1.4E-01 0.67 7.3E-03 0.38
6$7Q V (  ( 
6$7Q V (  ( 
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Conclusions
$UWL¿FLDO1HXUDO1HWZRUNPRGHOVZHUHGHYHORSHG
to predict the ground motion measures for 
0H[LFDQ LQVODEDQG LQWHUSODWHHDUWKTXDNHV7KH
development used the PGA and SA calculated 
from single horizontal components of the 
records and from the geometric mean of the 
horizontal components. For training ANN model, 
the parameters for the input layer are moment 
magnitude, closest distance to the fault and focal 
GHSWKZKLOH WKH ORJDULWKPLF RI WKH 3*$ RU RI
WKH6$LVXVHGWRUHSUHVHQWWKHRXWFRPHRIWKH
PRGHO7KHPDLQREVHUYDWLRQVWKDWFDQEHGUDZQ
from the analysis results are:
1. The performance of the trained ANN model 
by using a single hidden layer is similar to 
WKDWE\XVLQJWZRKLGGHQOD\HUV7KHPRVW
appropriate number of neurons per hidden 
OD\HUVHHPVWREHZLWKLQWR
2. The use of a single horizontal component or 
WKHJHRPHWULFPHDQRIWKHWZRKRUL]RQWDO
components leads to similar trained ANN 
models, implying that the number of 
considered records is adequate. 
Figure 11. Comparison of PGA and SA predicted by 
the trained ANN models and by a GMPE for interplate 
HDUWKTXDNHV+RQJet al
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3. The statistics of the residuals associated 
ZLWK WKH WUDLQHG $11PRGHOV DUH VLPLODU
WR WKRVHDVVRFLDWHGZLWK WKH*03(V7KH
ground motion measures predicted by the 
WUDLQHG$11PRGHOVIROORZWKRVHSUHGLFWHG
by the GMPEs. This indicates that the ANN 
models may be a good alternative to GMPEs 
in some applications.
4. In some cases, the SA predicted by the 
trained ANN models increases as the Rc LQFUHDVHV7KLVGRHVQRWUHÀHFWWKHJHQHUDO
behaviour observed from actual records. 
Therefore, extensive verification of the 
trained ANN models should be carried out 
before the models can be used for seismic 
engineering applications.
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